
Supporting Information S4

Continuation of limit cycles

To perform the continuations in AUTO we extended the model given in the main text with an auxiliary
nonlinear model uncoupled from the system which generates the required oscillatory input.

ẋ = x+ βy − x(x2 + y2) (1)

ẏ = −βx+ y − y(x2 + y2) (2)

where y has the asymptotically stable solution y = cos(βt). The auxiliary input is used by replacing [I] in
the model by −ay + b. where b = a + c, a is amplitude and c << a is required to ensure −ay + b does
not become negative, which can cause state variables to become complex, preventing continuation. β = 2π

p
where p is the period. For continuations presented in the main text, c = 1E − 9.
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